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Abstract—Soft object manipulation has recently gained popular-
ity within the robotics community due to its potential applications in
many economically important areas. Although great progress has
been recently achieved in these types of tasks, most state-of-the-art
methods are case-specific; They can only be used to perform a
single deformation task (e.g., bending), as their shape represen-
tation algorithms typically rely on “hard-coded” features. In this
letter, we present LaSeSOM, a new feedback latent representation
framework for semantic soft object manipulation. Our new method
introduces internal latent representation layers between low-level
geometric feature extraction and high-level semantic shape anal-
ysis; This allows the identification of each compressed semantic
function and the formation of a valid shape classifier from different
feature extraction levels. The proposed latent framework makes
soft object representation more generic (independent from the ob-
ject’s geometry and its mechanical properties) and scalable (it can
work with 1D/2D/3D tasks). Its high-level semantic layer enables to
perform (quasi) shape planning tasks with soft objects, a valuable
and underexplored capability in many soft manipulation tasks. To
validate this new methodology, we report a detailed experimental
study with robotic manipulators.

Index Terms—Bimanual manipulation, representation learning,
shape deformation planning, latent space and manifolds, geodesic
interpolation.

I. INTRODUCTION

R ECENT studies have shown that the manipulation of soft
objects is crucial and indispensable to achieve high auton-

omy in robots [1]. Although great progress has been recently
achieved, the feedback manipulation of soft objects is still a
challenging research question. The implementation of these
types of advanced manipulation capabilities is complicated by
various issues. Amongst the most important is the difficulty in
characterizing the feedback shape of a soft object. Our aim
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in this work is to develop new data-driven methods that can
quantitatively describe deformable shapes.

Hirai [2] first demonstrated how feedback controls could
deform a soft object into a desired 2D shape. This early work
is a clear example of a shape representation based on points [3]
(simple, but cannot generalize). Other classical methods are
based on geometric features e.g., angles, curvatures, catenar-
ies [4], [5]; Its disadvantage is that they are case-specific, thus,
can only be used to perform a single shaping action. Some
works have addressed this issue by developing generic rep-
resentations that only require sensory data. For example, [6],
[7], and [8] characterize shapes using Fourier series and feature
histograms; These methods, however, create very large feature
vectors, which may not be the most efficient feedback metric.
A more effective solution is to automatically compute generic
feedback features (e.g., as in direct visual servoing [9], [10])
and combine them with dimension reduction techniques, as in
e.g., [11], [12]. Data-driven based shape analyses [13], [14]
have gained in popularity as it offers a useful alternative to
model-based approaches. An increasing amount of research have
focus on different-level segmentation and shape classifications
(see [15], [16], and [17]). However, these methods purely de-
pend on the designed end-to-end pipeline which ignores the
semantic meaning of internal features and thus failing to inter-
pret the entire analytical process. Therefore, latest applications
started to examine attribute-based approaches, such as binary
attributes [18], relative attributes [19], and semantic image color
palette editing [20]. Several works [21], [22] further combine
shape analysis and semantic attributes for a in-depth deformation
analysis.

Latent space approaches have recently achieved many suc-
cessful results in image analysis [23], due to its capability to
encode high-dimensional data into a meaningful internal repre-
sentation. By using concise low-dimensional latent variables and
highly flexible generators, a latent space allows us to generate
new data samples on data space. In this manner, a deformation
planning problem of soft objects can be solved in a novel way
by constructing a feasible sequence of deformable shapes in
latent space. However, many works [24] have adopted a linear
interpolation in remapping the latent variables back to data
space, which could cause serious distortions on the generated
samples for a shape planning scenario. For example, consider a
generator g and a latent variable z with two infinitesimal shifts
δ1 and δ2, then the distance with Taylor’s expansion [25] is
formulated by:

‖g(z0 + δ1)− g(z0 + δ2)‖2 = (Δ12)
� (

J�
z0
Jz0

)
(Δ12) (1)
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Fig. 1. Conceptual representation of the proposed framework — LaSeSOM
that fully describes and represents the soft objects for bimanual manipulation
tasks from four layers, namely, the low-level geometric feature layer, compressed
learnt feature layer, semantic features and shape classes layer, and semantic
shape knowledge layer.

for Jz0
= ∂g

∂ z

∣∣∣∣
z=z0

and Δ12 = δ1 − δ2, which indicates that

the normal distance inZ space changes locally as it is determined
by the local Jacobian. Consequently, seeking the shortest curve
along a curved surface, a manifold, manifold is a more reason-
able way to compute the interpolation and generate undistorted
samples.

As a feasible solution to these problems, we present a gen-
eral data-driven representation framework — LaSeSOM for
semantic soft object manipulation depicted in Fig. 1, which is
composed of three layers: A low-level soft object geometric
shape processing, a mid-level data-driven representation learn-
ing, and a high-level semantic shape analysis. The letter ’s main
contributions are summarized as follows:
� An effective representation framework for soft object anal-

ysis during manipulation tasks.
� A novel semantic analysis approach for soft object manip-

ulation tasks.
� A solution for shape planning with a geodesic path-based

interpolation algorithm in the latent space.
The rest of this letter is organized as follows. Section II

presents the representation models. Section III shows the ex-
perimental results. Section IV gives final conclusions.

II. METHODS

In LaSeSOM, we first introduce two shape features extracted
from two data formats for shape description (marker points
and point clouds), and then two dimensionality transformation
techniques for building latent space. With this latent space, we
design several semantic analysis algorithms to describe soft ob-
ject deformations and solve the deformation planning problem.

A. Shape Feature

In order to apply this framework into various soft object
manipulation tasks, two typical data formats are selected to
depict the soft object shape. One is the ordered marker point

data in the format of a set of ordered 3D points that is widely
used in the motion tracking system, and the other is a popular
point cloud data to represent a geometric shape surface via a
set of large quantities of unordered 3D points in a Euclidean
space. Formally, Let S = {S1, . . . ,Sp | Si ∈ Rq×3} be set of
a complete soft object deformation, and Si denotes the i-th
shape during the deformation process. Using q marker points,
Si = {x1, . . . ,xq | xi ∈ R3} can be determined by an ordered
3D points set. Consequently, the entire deformation can repre-
sented as a shape matrixXin ∈ Rp×3q , where the coordinates of
the markers have been fatten so each row with q markers has 3q
features and the number of total shapes during this deformation
is denoted by p. To approximate the contour composed of 3D
marker points, Fourier approximation [26] is selected consid-
ering that this descriptor can depict the shape with arbitrary
precision. However, instead of using its common 2D modeling
form, we expand this descriptor into a 3D configuration as below:

x(l) = a0 +

n=1∑
N

(ancos(wnl) + bnsin(wnl))

y(l) = c0 +

n=1∑
N

(cncos(wnl) + dnsin(wnl))

z(l) = e0 +

n=1∑
N

(encos(wnl) + fnsin(wnl)) (2)

where a0, c0, and e0 are the bias components of the Fourier
descriptor with a frequency of 0, and l is a same length that
periodically circles along the entire length of soft object denoted
by L. The coefficients of the n-th harmonic are denoted by
an, bn, . . . , fn, which can be solved with expressions in [26]
to constitute the description of the shape.

A deformable shape Si can also be represented as a point
cloud data Pi. With farthest point sampling algorithm used in
PointNet++ [27], the raw point cloud can be sampled intoP′

i with
a fixed input size 3N , whereN is the resolution of the resampled
point cloud, which means is the total number of points in this
point cloud. Thus, given a point cloud P′, the input shape matrix
can be represented as Xin ∈ RN×3. The feature extraction pro-
cess follows the design principle of PointNet [28]: increasing the
features with convolutional 1D layers (thus, each point in P′ can
be encoded independently); After the convolutions is connected
a “symmetric” and permutation-invariant function (e.g., a max
pooling) to generate a joint feature representation in a size of
1×N . In this letter, we select the Chamfer(pseudo)-distance
(CD) as the permutation-invariant metric for comparing un-
ordered point sets. Given two point cloud set Pi and Pj , this
metric measures the squared distance between corresponding
nearest neighbors in different sets:

dCD (Pi,Pj) =
∑
x∈Pi

min
y∈Pj

‖x− y‖22 +
∑
y∈Pj

min
x∈Pi

‖x− y‖22
(3)

B. Dimensionality Transformation

To seek optimal and concise features for shape representa-
tions, two typical techniques are used to embed shape features in
a latent space. First, Principal components analysis (PCA) [29] is
selected to provide a sequence of optimal linear transformations
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Fig. 2. Conceptual representation of a generator g as a mapping from low-
dimensional latent space Z into a manifold in input data space X .

for high-dimensional ordered shape features. To achieve this
goal, PCA computes new variables called principal components
which are obtained as linear combinations of the original vari-
ables. Formally, considering a shape feature matrix X with m
shapes and n feature dimensions, the goal of PCA is to find
a transformation P to linearly convert X to Y and reduce
the original n feature dimensions into k dimensions (k << n),
which can be denoted by Y = PX . One efficient solution for
the PCA problem is known as the singular value decomposition
(SVD) [30]. Since semantic analysis of LaSeSOM needs the
reconstructed shapes from the low-dimensional latent variables.
For this reason, the inverse sample, Xrec reconstructed from
the compressed feature is needed, which can be solved by
Xrec = P−1Y + μ, where μ is the mean of normalization.
Besides, to select an appropriate number of components, the
explained variance is defined as: vexp =

∑k
i=1 vi/

∑n
i=1 vi.

Second, The auto-encoder (AE) [31] is used to compress
shape features with non-linear transformations. Formally, an
AE takes an n-dimensional soft object shape vector x as its
input, which is mapped to its k-dimensional bottleneck layer y
through the deterministic equation y = fθ(x) = s(Wx+ b),
which in turn is parameterized by θ = {W , b}. W is a k × n
weight matrix, b is a vector of bias, and s is a sigmoid
activation function, s(x) = 1

1+e−x . The hidden representation
is then traced back to a reconstruction z with n dimensions,
which is sometimes referred to as the latent representation,
where z = gθ′(y) = s(W ′y + b′), with θ′ = {W ′, b′}. The
parameters θ,θ′ for the model are designed to minimize the
average error of reconstruction, which is defined as:

θ∗,θ′∗ = argmin
θ,θ′

1

n

n∑
i=1

L
(
x(i), gθ′

(
fθ

(
x(i)

)))
(4)

where the loss function L needs to be changed depending on the
property of input features. For example, if the input feature is the
ordered features extracted by Fourier descriptor, thenL could be
normal mean square error (MSE). However, for the unordered
point cloud features, the permutation-invariant metric defined in
3 is needed to calculate a reconstruction loss.

C. Latent Shape Space

With dimensionality transformations, we embed the low-level
features of the collected shapes in a low-dimensional latent shape
space. In deep generative models, as shown in Fig. 2, a manifold
M is formed through a generator g mapping linear coordinates
of variables in latent spaceZ (Z ⊆ Rk) into the curvilinear coor-
dinates of originally high-dimensional shape spaceX (X ⊆ Rn,
k � n). Normally, g is a composition function of numerous
layers, g = g(1) ◦ g(2) ◦ . . . ◦ g(�), with � indexing the layer.
Combined with a nonlinear activation function φ, it can be

represented as below:

g
(l)
k

(
z(l)

)
= φ

(
W

(l)
k z(l) + b(l)

)
(5)

where g(l)k and W
(l)
k denote the kth component of the output and

kth row of the weight matrix, respectively. The image of g could
be a smooth (i.e., C∞), k-dimensional immersed manifold on
condition that the Jacobian Jg(z) of g at every point z ∈ Z has
rank d. According to the chain rules of neural nets, the condition
would be satisfied if we choose a smooth and monotonic acti-
vation function, φ, and weight matrix has full column rank. The
condition of activation function can be ensured by choosing a
correct activation function in the phrase of network construction.
Therefore, M is a locally differentiable but globally intersected
k-dimensional Euclidean space (immersed manifold).

Mathematically, ∀z ∈ Z , the Jacobian matrix of g, Jg(z),
maps the tangent space of Z at z, TzZ , to the tangent space of
M at g(z), Tg(z)M. In AE, backpropagation algorithm will cal-
culate out a k × n partial derivative matrix, Jg(z). Consider two
vectors p, q ∈ TxM in a linear subspace of X , as a riemannian
metric offers the format of an inner product for different tangent
vectors in TxM, therefore, the Riemannian metric of 〈u, v〉 can
be re-expressed with the dot product of x in the Euclidean space.
Intuitively, the metric denotes the curvature of a Riemannian
manifold and measures the extent to which deviates from being
Euclidean. See standard definitions of Riemannian geometry for
a detailed mathematical explaining of curvature [32].

D. Geodesic Path on Manifolds

Through the mapping g, all the concepts (tangent vectors,
tangent spaces, curves, etc.) defined in the latent space Z have
an equivalent variable on the manifoldM. For each point z ∈ Z ,
the Riemannian metric is defined as below:

G(z) = Jg(z)
TJg(z) (6)

Therefore, the inner product of two tangent vectorsu, v ∈ TzZ is
〈u, v〉 = uTG(z)v. Consider a smooth curve in the latent space
γt : [a, b] → Z , then it has length

∫ b

a ‖γ̇t‖dt, where γ̇t = dγt/dt
denotes the velocity of the curve. The length of this curveL lying
on the manifold (g ◦ γ(t) ∈ M ) is computed as:

L [g(γt)] =

∫ b

a

‖ġ (γt)‖ dt =
∫ b

a

‖Jγt
γ̇t‖ dt (7)

where Jγt
= ∂g

∂z

∣∣∣∣
z=γt

and the last step follows from Taylor’s

Theorem, which implies the length of a curveγt along the surface
can be computed directly in the latent space using below defined
norm:

‖Jγ γ̇‖ =
√

γ̇� (
J�
γJγ

)
γ̇ =

√
γ̇�Mγ γ̇ (8)

Here, Mγ = J�
γJγ and it is a symmetric and positive definite

matrix, that gives rise to the definition of a Riemannian metric
for each point z in the latent space Z . The arc length with metric
Mγ can be re-expressed as:

L(γ) =

∫ b

a

√
γ̇�
t Mγt

γ̇tdt (9)
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To obtain a geodesic curve, the curve length L(γ) is locally
minimized through an energy functional E(γ) defined as:

E(γ) =
1

2

∫ b

a

γ̇(t)TGγ(t)γ̇(t)dt (10)

In Riemannian geometry, taking a variation of the geodesic en-
ergy function can lead to the Euler-Lagrange equation calculated
as:

d2γμ

dt2
= −Γμ

αβ

dγα

dt

dγβ

dt
(11)

where Γμ
αβ is the Christoffel symbol of the metric G, which is

defined as:

Γμ
αβ =

1

2
Gvμ

(
∂Gvβ

∂γα
+

∂Gvα

∂γβ
− ∂Gαβ

∂xμ

)
(12)

where Gvμ is the inverse of Gvμ. However, calculation of
the Christoffel symbols is considerably expensive, because this
process involves the inverse ofG and second order derivatives of
the g. Thus, instead of getting the entire geodesic path, we only
calculate out few discrete points along on the geodesic path with
discrete geodesic energy (10) to avoid expensive calculations.
Formally, consider a discretized curveγ : [0, 1] → Z denoted by
a series of coordinates z0, z1, . . . , zN ∈ Z . With T time steps,
a sequence of discrete time intervals, δt = 1/N , is generated,
which matches a discretized points on the manifold M, g(zi).
With a small shift, the velocity of g(zi) can be formulated by
vi = (g(zi+1)− g(zi))/δt. Similarly, the energy of this curve
can be given:

Ezi =
1

2

N∑
i=0

1

δt
‖g (zi+1)− g (zi)‖2 (13)

Fixing the first and last points, z0 and zN , as the beginning
and ending points of the geodesic curve, minimizing this energy
function would result in an approximated geodesic path, which
can be obtained by performing a gradient descent algorithm for
z1, . . . , zN−1, along this curve. The gradient at zi is computed
as:

∇ziE = − 1

δt
JT
g (zi) (g (zi+1)− 2g (zi) + g (zi−1)) (14)

Therefore, by implementing a gradient descent algorithm, the
calculating process of a discretized geodesic path can avoid

Fig. 3. Depiction of the deformation planning in latent shape space. According
to Algorithm 3, geodesic interpolated path is generated based on the results of
linear interpolation in the latent space.

the expensive calculations of Christoffel symbols. The detailed
procedures is illustrated in Algorithm 1.

E. Semantic Analysis

To make the deformation process of soft objects explainable,
semantic analysis techniques are introduced to the high-level
representation in LaSeSOM. First, to identify the effect on each
shape dimension, Algorithm 2 is designed. In this algorithm,
given a latent variable z0 encoded by function h, we gradually
increase the p-th feature value with a short step δ for z0 to form
a set of changed coordinates, G(p)

low, and then we need to update
this set based on the whether generator g is not linear. At last, we
reconstruct the inverse samples {x1,

′ x2,
′ . . . ,x′

n} for the soft
object. The visualization of these inverse samples allows us to
identify the semantic meanings for each dimension of the com-
pressed feature in order to support our high-level semantic shape
analysis. Second, semantic deformation analysis is introduced
to establish a mapping from soft object deformations to latent
variables in latent shape space. Intuitively, if the dimensionality
reduction technique is invertible, then we can explore defor-
mation rules between different shape classes by observing the
latent shape space. With performing classification on the latent
variables encoded from collected shapes, this path will travel
through different spaces enclosed by pre-defined shape classes,
thus revealing some rules of shape deformations in real-world
applications. Third, latent shape planning presents a solution
to the shape planning problem for soft objects from the current
shape to the target shape. Let the current shape and target shape
bex0 andx∗, respectively. After dimensionality transformation,
the input shapes are transformed to a k-dimensional latent shape
space (Z ⊆ Rk). With a encoder h, the encoded coordinates of
z0 and z∗ are readily known in this latent space. As Fig. 3 shows,
shapes are represented as nodes in the latent space and these
nodes are connected to form different neighbor networks with
different colors based on the prediction from kNN algorithm.
With the implementation of shortest path searching algorithm
in the latent shape space, the shape deformation path from the
location of current shape to the location of target shape based
on the known shape network can be achieved. Let Slow denote
the shapes lying on the shortest path from z0 to z∗ and let
Shigh denote the same shape vectors but with high dimensions
reconstructed from Slow. However, Slow can only find out a
shortest path built on known shape data set. This latent shape
space contains numerous shapes unknown to the dataset. Thus,
we first link x̃◦ to x̃∗ with a straight line. Accordingly,n intervals
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are set to generate n+ 1 intermediate shape statuses denoted by
Glow and then could be updated to obtain a shorter geodesic
path if the generator is not a linear transformation. Note that
the linear interpolated path is an intermediate state of geodesic
interpolation and they are not exclusive approaches. At last, a
shape set Ghigh comprising transitional deformation is formed.
Finally, these two deformation paths pass through a visualizer
and output the deformation set Dp.

III. RESULTS

In this section, the data collection for building LaSeSOM is
described first, and afterwards the framework is used to present
different representation results in a robotic teleoperated soft
object manipulation task via Leap Motion [33] demonstration.

A. Data Collection

As shown in Fig. 4, two different soft objects (a foam bar
and a foam sheet) were used to collect deformed shapes. For
the foam bar, the Prime 13 motion tracking system was used
to track the position of each marker mounted on the its surface
in 30 FPS. Whereas, the deformations of the foam sheet were
captured with a same 30 FPS in a format of point clouds by
an RGB-D camera (Azure Kinect DK). Fig. 5 displayed few
samples for each corresponding categories. Note that the positive
and negative categories would be combined or separated based
on different analytical needs.

Fig. 4. Experimental setups of the shape data collection to build LaSeSOM.
Left shows the setup to collect ordered marker data for a foam bar, while right
is used to collect unordered point cloud data for a foam sheet.

TABLE I
DATA SUMMARY

B. Semantic Feature Analysis

1) Shape Features: To examine the fitting performance, the
coefficient of determination R2 [34], defined as: 1−∑

i(yi −
fi)/

∑
i(yi − ȳ)2, is used to quantify the amount of variability

explained by Fourier approximation. As shown in Fig. 7(a),
the shape descriptor becomes more accurate along with the
increasing number of harmonics. Specifically, the line and arch
class shapes demonstrate better performance than the other
class shapes under the same number of harmonics, because the
S-shaped and helix class shapes are more complex to represent
with same number of harmonics.

2) Reduced Dimensions: With PCA performed on Fourier
coefficients of marker data, the number of components is set as
4 (Varexp ≥ 95% when k = 4) to investigate following semantic
analysis. In the semantic analysis algorithm, parameters are
set with iteration T = 10, k = 4, and t = 1 and Fig. 6(a) to
6(d) visually presents the individual semantic effect of the four
features. Generally, the first component tries to maintain the
same shape and alter the angle as the feature value increases,
whereas the second component tries to describe the arch shape.
The third component is trend to depict the degree of “S” shape,
whereas the fourth component tries to capture helix shape.
Though, the results shows partially combined semantic effect
(not single effect), each feature dimension has a dominant
semantic effect, respectively. Note that the results of the foam
sheet with PCA are not presented because PCA can only perform
the ordered data.To compare with PCA, we implement AE on
both marker data and point cloud data with the structure in
Table II. The latent dimension is kept at 4 for marker’s dataset.
By performing the similar semantic feature analysis on this latent
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Fig. 5. Visualizations of shape samples of predefined categories. Figures (a) to (h) shows the seven classes for the foam bar deformation, and figures (i) to (q)
presents the nine classes for the foam sheet deformation.

Fig. 6. Visual comparison of the semantic features from different dimensionality transformation techniques, where figures (a) to (d) and (e) to (i) respectively
shows the results of the foam bar from PCA and AE. Figures (j) to (q) shows the visualization results of eight (total in 64-dim) semantic features.

Fig. 7. (a) The performance of Fourier approximation for four shape classes
by different harmonics; (b) and (c) respectively show the training and validation
errors for the corresponding soft objects; (d) presents the pre-PCA and post-PCA
classification accuracy for the foam bar.

dimensions, Figs. 6(e) to 6(i) visually present the individual
semantic effect of the four dimensions for the code layer. Unlike
PCA, these four dimensions mainly depict “S” shapes from
different perspectives, because the neural units in the code layer

TABLE II
NETWORK ARCHITECTURE

receive a linear combination from all input data and the S-shaped
category accounts for the majority of the training dataset. As
for point cloud data of the foam sheet, the latent dimension is
kept at 64 with the network architecture as shown in Table. II.
and Fig. 7(b) shows the corresponding loss trend for training
and testing. With the same implementation of semantic feature
analysis, Figs. 7(j) to (q) shows the eight reconstructed results
out of total the 64-dim code layer. The red points represent
the raw shape and the blue and green one shows the results
of increasing and decreasing feature value, respectively. The
former four mainly describe translation of the sheet, whereas the
latter four capture the degree of curvature for the foam sheet.
In summary, PCA shows more meaningful semantic analysis
results than AE, but it suffers from an unordered data structure.
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Fig. 8. Architecture of the teleoperated system with Leap Motion sensors for
the validation of LaSeSOM. The new pose is computed with the displacement
of palm position δp and variance of the hand orientation Rot(np) between 10
frames, multiplied by appropriate weights wp and wn.

Fig. 9. Visualization of the process of latent shape planning for the foam
bar. (a) Deformation trace of the manipulation task with Leap motion in latent
shape space; (c) shows the beginning shape and the target shape; figures (d) and
(e) present the planned shape deformations; (b) presents their corresponding
deformation paths with shape planning algorithm.

However, AE can perform both ordered and unordered data
but hard to explain the semantic meaning of encoded features.
Fig. 7(d) shows the best number k for kNN to classify the shapes
in latent space with a 5-fold cross-validation and both pre- and
post-PCA kNN models share a similar trend and reach a peak
under the same k = 12.

C. Latent Shape Space

To imitate the soft object manipulation with human hands,
and validate the effectiveness of realtime feedback in a robotic
soft object manipulation task, a hand gesture-based teleoperation
using Leap Motion [35] is an appropriate technique to extract
the control signals from hand gestures to teleoperate the soft
object in a real-time manner, and the corresponding experimental
setup is shown in Fig. 8, where the robot grippers are fully
constrained [36] as during the data collection stage. The related
shape dataset of this manipulation task is shown in the Table I
(dataset #2).

1) Semantic Deformation: As Fig. 9(a) shows, all the shapes
collected from the foam bar (dataset #1) are encoded into a 3D
latent shape space with t-SNE built from AE. In this space, the
deformation path generated from gesture controls is represented

Fig. 10. Shape planning results of shortest path, linear interpolation, and
geodesic interpolation for foam sheet dataset. Column 1: arc length; Rows 1, 4:
shortest path; Rows 2, 5: linear; Rows 3, 6: geodesic.

as a red curve and different shape categories of dataset #1 were
organized with mesh3D from Plotly and rendered with different
colors according to the prediction of kNN. The beginning shape
located at the position of the triangle marker, and then the foam
bar started from the line category area denoted by a blue color.
As the shape deformed, the current point moved continuously
toward the positive arch category denoted by the yellow color
in area #1, and then moved to the negative S-shaped category
denoted by the cyan color in area #2. Subsequently, the foam bar
went back to the positive arch shape from area #2 which form a
identical but inverse path. And so forth, the deformed foam bar
ended up with its original shape state. Therefore, the entire trace
semantically reflects the entire process of shape deformation in
a latent space when manipulating a soft object.

2) Latent Shape Planning: We use Algorithm 3 to perform
a shape planning through a generator (g : Z → X ) to map
paths calculated in the latent space into shapes on the generated
manifold (M). Fig. 9(b) shows a beginning line and target
S-shape of a foam bar. With the encoder h (illustrated in
Table II), we can get encoded shapes in Z space (see Fig. 9-a),
which are respectively represented as z0 and z∗. Then, two
sets of shapes are generated based on different calculations
in Z space. Shape set Slow denoted by the blue spline is
calculated by a shortest path search algorithm on collected
data. In dataset #1, Slow is a sequence of shape index,
{x540, x532, x530, x526, x568, x777, x774, x1929, x5812, x5040}.
Another shape set Ghigh is generated by a linear interpolation
denoted by the red spline between z0 and z∗ at first, and
then an iterative updating on each coordinate with geodesic
path illustrated in Algorithm 1. Figs. 9(c) and (d) show the
resulting deformation processes from a geodesic interpolation
and shortest path, respectively. We can clearly observed that
the geodesic path-based interpolation deformation process is
smoother compared with the process with a shortest path.

To compare geodesic path-based interpolation to its inter-
mediate state (pure linear interpolation), Fig. 10 shows two
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groups of point clouds (foam sheet) generated with the shortest
path, linear interpolation, geodesic interpolation and the corre-
sponding arc lengths. The first column represents the current
shapes and the last for the target shapes. The geodesic path-
based interpolation has a shorter arc length on data manifold
and smoother morphing process compared with the shortest
path and linear interpolation methods, which is supported by
the morphing processes marked by green boxes. In contrast,
the shortest path-based and linear interpolation methods show
several results (marked by red boxes) with unsatisfied physical
feasibility, which may cause excessive stretching and damage the
object. Although, the geodesic curve on the manifold presents
a shorter arc length compared with linear interpolation, their
difference is not significant, which indicates that the manifold
generated by generator architecture for form sheet has little
curvature, even non-linear.

IV. CONCLUSION

In this letter, we present a generic latent representation
framework for semantic soft object manipulation tasks. With
dimensionality transformations, we embed the shapes of soft
objects from the originally high-dimensional shape space into a
semantically low-dimensional latent shape space and solve the
shape planning with designed geodesic path-based algorithms on
the data manifold. The numerical and experimental results have
validated the effectiveness of the proposed framework. As future
research, we plan to implement a manipulator with LaSeSOM
based feedback control for soft objects and transfer learning for
soft object representation.

REFERENCES

[1] H. B. Amor et al., “Special issue on autonomous grasping and manipula-
tion,” Auton. Robots, vol. 36, no. 1/2, pp. 1–3, 2014.

[2] S. Hirai and T. Wada, “Indirect simultaneous positioning of deformable
objects with multi-pinching fingers based on an uncertain model,” Robot.,
vol. 18, no. 1, pp. 3–11, Jan. 2000.

[3] Z. Wang, X. Li, D. Navarro-Alarcon, and Y. Liu, “A unified controller for
region-reaching and deforming of soft objects,” in Int. Conf. Intell. Robot.
Syst., 2018, pp. 472–478.

[4] D. Navarro-Alarcon et al., “On the visual deformation servoing of compli-
ant objects: Uncalibrated control methods and experiments,” Int. J. Robot.
Res., vol. 33, no. 11, pp. 1462–1480, 2014.

[5] M. Laranjeira, C. Dune, and V. Hugel, “Catenary-based visual servoing for
tether shape control between underwater vehicles,” Ocean Eng., vol. 200,
pp. 1–19, 2020.

[6] D. Navarro-Alarcon et al., “Fourier-based shape servoing: A new feedback
method to actively deform soft objects into desired 2D image shapes,”
IEEE Trans. Robot., vol. 34, no. 1, pp. 272–1279, 2018.

[7] J. Zhu, B. Navarro, P. Fraisse, A. Crosnier, and A. Cherubini, “Dual-arm
robotic manipulation of flexible cables,” in IEEE/RSJ Int. Conf. Robots
Intell. Syst., 2018, pp. 479–484.

[8] Z. Hu, P. Sun, and J. Pan, “Three-dimensional deformable object manipu-
lation using fast online gaussian process regression,” IEEE Robot. Autom.
Lett., vol. 3, no. 2, pp. 979–986, 2018.

[9] C. Collewet and E. Marchand, “Photometric visual servoing,” IEEE Trans.
Robot., vol. 27, no. 4, pp. 828–834, 2011.

[10] E. Marchand, “Subspace-based direct visual servoing,” IEEE Robot. Au-
tom. Lett., vol. 4, no. 3, pp. 2699–2706, 2019.

[11] K. M. Digumarti, B. Trimmer, A. T. Conn, and J. Rossiter, “Quantifying
Dynamic Shapes in Soft Morphologies,” Soft Robot., 2019.

[12] J. Zhu, D. Navarro-Alarcon, R. Passama, and A. Cherubini, “Vision-based
manipulation of deformable and rigid objects using subspace projections
of 2d contours,” Rob. Auton. Syst., 2021, in press.

[13] K. Xu et al., “Data-driven shape analysis and processing,” in SIGGRAPH
ASIA 2016 Courses, 2016, pp. 1–38.

[14] H. Zhang, A. Sheffer, D. Cohen-Or, Q. Zhou, O. Van Kaick, and A.
Tagliasacchi, “Deformation-driven shape correspondence,” in Comput.
Graph. Forum, vol. 27, no. 5, 2008, pp. 1431–1439.

[15] A. Golovinskiy and T. Funkhouser, “Consistent segmentation of 3d mod-
els,” Comput. Graph., vol. 33, no. 3, pp. 262–269, 2009.

[16] O. Sidi, O. van Kaick, Y. Kleiman, H. Zhang, and D. Cohen-Or, “Unsu-
pervised co-segmentation of a set of shapes via descriptor-space spectral
clustering,” in Proc. SIGGRAPH Asia Conf., 2011, pp. 1–10.

[17] O. Van Kaick et al., “Co-hierarchical analysis of shape structures,” ACM
Trans. Graphic., vol. 32, no. 4, pp. 1–10, 2013.

[18] L. Tao, L. Yuan, and J. Sun, “Skyfinder: Attribute-based sky image search,”
ACM Trans. Graphic., vol. 28, no. 3, pp. 1–5, 2009.

[19] D. Parikh and K. Grauman, “Relative attributes,” in Int. Conf. Comput.
Vis., 2011, pp. 503–510.

[20] P.-Y. Laffont, Z. Ren, X. Tao, C. Qian, and J. Hays, “Transient attributes
for high-level understanding and editing of outdoor scenes,” ACM Trans.
Graph., vol. 33, no. 4, pp. 1–11, 2014.

[21] G. Leifman, R. Meir, and A. Tal, “Semantic-oriented 3d shape retrieval
using relevance feedback,” Vis. Comput., vol. 21, no. 8–10, pp. 865–875,
2005.

[22] M. Attene et al., “Characterization of 3d shape parts for semantic annota-
tion,” Comput. Aided Des., vol. 41, no. 10, pp. 756–763, 2009.

[23] P. D. Hoff, A. E. Raftery, and M. S. Handcock, “Latent space approaches
to social network analysis,” J. Am Statist. Assoc, vol. 97, no. 460,
pp. 1090–1098, 2002.

[24] P. Achlioptas, O. Diamanti, I. Mitliagkas, and L. Guibas, “Learning
representations and generative models for 3d point clouds, “ in Proc. Int.
Conf. Mach. Learn. PMLR, 2018, pp. 40–49.

[25] G. Arvanitidis et al., “Latent space oddity: On the curvature of deep
generative models,” in Proc. Int. Conf. Learn Representation., 2018.

[26] D. Zhang et al., “A comparative study of fourier descriptors for shape
representation and retrieval,” in Proc. 5th Asian Conf. Comput. Vis.,
2002, pp. 646–651.

[27] C. R. Qi, L. Yi, H. Su, and L. J. Guibas, “Pointnet : Deep hierarchical
feature learning on point sets in a metric space,” in Proc. Adv. Neural Inf.
Process. Syst., 2017, pp. 5099–5108.

[28] C. R. Qi et al., “Pointnet: Deep learning on point sets for 3d classification
and segmentation,” in Proc. IEEE Comput. Soc. Conf. Comput. Vis. Pattern
Recognit., 2017, pp. 652–660.

[29] S. Wold, K. Esbensen, and P. Geladi, “Principal component analysis,”
Chemometr. Intell. Lab., vol. 2, no. 1-3, pp. 37–52, 1987.

[30] M. E. Wall, A. Rechtsteiner, and L. M. Rocha, “Singular Value Decompo-
sition and Principal Component Analysis,” in Proc. A Practical Approach
Microarray Data Analysis, 2003, pp. 91–109.

[31] G. E. Hinton et al., “Reducing the dimensionality of data with neural
networks,” Sci., vol. 313, no. 5786, pp. 504–507, 2006.

[32] M. P. d. Carmo, Riemannian Geometry. Birkhäuser, 1992.
[33] I. Jang, J. Carrasco, A. Weightman, and B. Lennox, “Intuitive bare-hand

teleoperation of a robotic manipulator using virtual reality and leap motion,
”in Proc. Annu. Conf. Auton. Robot. Syst., 2019, pp. 283–294.

[34] N. J. Nagelkerke et al., “A note on a general definition of the coefficient
of determination,” Biometrika, vol. 78, no. 3, pp. 691–692, 1991.

[35] L. E. Potter, J. Araullo, and L. Carter, “The leap motion controller: A view
on sign language,” in Proc. 25th Au Conf. Comput. Hum. Interact., 2013,
pp. 175–178.

[36] D. Navarro-Alarcon and Y. Liu, “A dynamic and uncalibrated method
to visually servo-control elastic deformations by fully-constrained robotic
grippers,” in Proc. IEEE Int. Conf. Robot. Automat., 2014, pp. 4457–4462.

Authorized licensed use limited to: Hong Kong Polytechnic University. Downloaded on April 06,2022 at 11:27:49 UTC from IEEE Xplore.  Restrictions apply. 



<<
  /ASCII85EncodePages false
  /AllowTransparency false
  /AutoPositionEPSFiles true
  /AutoRotatePages /None
  /Binding /Left
  /CalGrayProfile (Gray Gamma 2.2)
  /CalRGBProfile (sRGB IEC61966-2.1)
  /CalCMYKProfile (U.S. Web Coated \050SWOP\051 v2)
  /sRGBProfile (sRGB IEC61966-2.1)
  /CannotEmbedFontPolicy /Warning
  /CompatibilityLevel 1.4
  /CompressObjects /Off
  /CompressPages true
  /ConvertImagesToIndexed true
  /PassThroughJPEGImages true
  /CreateJobTicket false
  /DefaultRenderingIntent /Default
  /DetectBlends true
  /DetectCurves 0.0000
  /ColorConversionStrategy /sRGB
  /DoThumbnails true
  /EmbedAllFonts true
  /EmbedOpenType false
  /ParseICCProfilesInComments true
  /EmbedJobOptions true
  /DSCReportingLevel 0
  /EmitDSCWarnings false
  /EndPage -1
  /ImageMemory 1048576
  /LockDistillerParams true
  /MaxSubsetPct 100
  /Optimize true
  /OPM 0
  /ParseDSCComments false
  /ParseDSCCommentsForDocInfo true
  /PreserveCopyPage true
  /PreserveDICMYKValues true
  /PreserveEPSInfo false
  /PreserveFlatness true
  /PreserveHalftoneInfo true
  /PreserveOPIComments false
  /PreserveOverprintSettings true
  /StartPage 1
  /SubsetFonts true
  /TransferFunctionInfo /Remove
  /UCRandBGInfo /Preserve
  /UsePrologue false
  /ColorSettingsFile ()
  /AlwaysEmbed [ true
    /Algerian
    /Arial-Black
    /Arial-BlackItalic
    /Arial-BoldItalicMT
    /Arial-BoldMT
    /Arial-ItalicMT
    /ArialMT
    /ArialNarrow
    /ArialNarrow-Bold
    /ArialNarrow-BoldItalic
    /ArialNarrow-Italic
    /ArialUnicodeMS
    /BaskOldFace
    /Batang
    /Bauhaus93
    /BellMT
    /BellMTBold
    /BellMTItalic
    /BerlinSansFB-Bold
    /BerlinSansFBDemi-Bold
    /BerlinSansFB-Reg
    /BernardMT-Condensed
    /BodoniMTPosterCompressed
    /BookAntiqua
    /BookAntiqua-Bold
    /BookAntiqua-BoldItalic
    /BookAntiqua-Italic
    /BookmanOldStyle
    /BookmanOldStyle-Bold
    /BookmanOldStyle-BoldItalic
    /BookmanOldStyle-Italic
    /BookshelfSymbolSeven
    /BritannicBold
    /Broadway
    /BrushScriptMT
    /CalifornianFB-Bold
    /CalifornianFB-Italic
    /CalifornianFB-Reg
    /Centaur
    /Century
    /CenturyGothic
    /CenturyGothic-Bold
    /CenturyGothic-BoldItalic
    /CenturyGothic-Italic
    /CenturySchoolbook
    /CenturySchoolbook-Bold
    /CenturySchoolbook-BoldItalic
    /CenturySchoolbook-Italic
    /Chiller-Regular
    /ColonnaMT
    /ComicSansMS
    /ComicSansMS-Bold
    /CooperBlack
    /CourierNewPS-BoldItalicMT
    /CourierNewPS-BoldMT
    /CourierNewPS-ItalicMT
    /CourierNewPSMT
    /EstrangeloEdessa
    /FootlightMTLight
    /FreestyleScript-Regular
    /Garamond
    /Garamond-Bold
    /Garamond-Italic
    /Georgia
    /Georgia-Bold
    /Georgia-BoldItalic
    /Georgia-Italic
    /Haettenschweiler
    /HarlowSolid
    /Harrington
    /HighTowerText-Italic
    /HighTowerText-Reg
    /Impact
    /InformalRoman-Regular
    /Jokerman-Regular
    /JuiceITC-Regular
    /KristenITC-Regular
    /KuenstlerScript-Black
    /KuenstlerScript-Medium
    /KuenstlerScript-TwoBold
    /KunstlerScript
    /LatinWide
    /LetterGothicMT
    /LetterGothicMT-Bold
    /LetterGothicMT-BoldOblique
    /LetterGothicMT-Oblique
    /LucidaBright
    /LucidaBright-Demi
    /LucidaBright-DemiItalic
    /LucidaBright-Italic
    /LucidaCalligraphy-Italic
    /LucidaConsole
    /LucidaFax
    /LucidaFax-Demi
    /LucidaFax-DemiItalic
    /LucidaFax-Italic
    /LucidaHandwriting-Italic
    /LucidaSansUnicode
    /Magneto-Bold
    /MaturaMTScriptCapitals
    /MediciScriptLTStd
    /MicrosoftSansSerif
    /Mistral
    /Modern-Regular
    /MonotypeCorsiva
    /MS-Mincho
    /MSReferenceSansSerif
    /MSReferenceSpecialty
    /NiagaraEngraved-Reg
    /NiagaraSolid-Reg
    /NuptialScript
    /OldEnglishTextMT
    /Onyx
    /PalatinoLinotype-Bold
    /PalatinoLinotype-BoldItalic
    /PalatinoLinotype-Italic
    /PalatinoLinotype-Roman
    /Parchment-Regular
    /Playbill
    /PMingLiU
    /PoorRichard-Regular
    /Ravie
    /ShowcardGothic-Reg
    /SimSun
    /SnapITC-Regular
    /Stencil
    /SymbolMT
    /Tahoma
    /Tahoma-Bold
    /TempusSansITC
    /TimesNewRomanMT-ExtraBold
    /TimesNewRomanMTStd
    /TimesNewRomanMTStd-Bold
    /TimesNewRomanMTStd-BoldCond
    /TimesNewRomanMTStd-BoldIt
    /TimesNewRomanMTStd-Cond
    /TimesNewRomanMTStd-CondIt
    /TimesNewRomanMTStd-Italic
    /TimesNewRomanPS-BoldItalicMT
    /TimesNewRomanPS-BoldMT
    /TimesNewRomanPS-ItalicMT
    /TimesNewRomanPSMT
    /Times-Roman
    /Trebuchet-BoldItalic
    /TrebuchetMS
    /TrebuchetMS-Bold
    /TrebuchetMS-Italic
    /Verdana
    /Verdana-Bold
    /Verdana-BoldItalic
    /Verdana-Italic
    /VinerHandITC
    /Vivaldii
    /VladimirScript
    /Webdings
    /Wingdings2
    /Wingdings3
    /Wingdings-Regular
    /ZapfChanceryStd-Demi
    /ZWAdobeF
  ]
  /NeverEmbed [ true
  ]
  /AntiAliasColorImages false
  /CropColorImages true
  /ColorImageMinResolution 150
  /ColorImageMinResolutionPolicy /OK
  /DownsampleColorImages false
  /ColorImageDownsampleType /Bicubic
  /ColorImageResolution 900
  /ColorImageDepth -1
  /ColorImageMinDownsampleDepth 1
  /ColorImageDownsampleThreshold 1.00111
  /EncodeColorImages true
  /ColorImageFilter /DCTEncode
  /AutoFilterColorImages false
  /ColorImageAutoFilterStrategy /JPEG
  /ColorACSImageDict <<
    /QFactor 0.76
    /HSamples [2 1 1 2] /VSamples [2 1 1 2]
  >>
  /ColorImageDict <<
    /QFactor 0.40
    /HSamples [1 1 1 1] /VSamples [1 1 1 1]
  >>
  /JPEG2000ColorACSImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 15
  >>
  /JPEG2000ColorImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 15
  >>
  /AntiAliasGrayImages false
  /CropGrayImages true
  /GrayImageMinResolution 150
  /GrayImageMinResolutionPolicy /OK
  /DownsampleGrayImages false
  /GrayImageDownsampleType /Bicubic
  /GrayImageResolution 1200
  /GrayImageDepth -1
  /GrayImageMinDownsampleDepth 2
  /GrayImageDownsampleThreshold 1.00083
  /EncodeGrayImages true
  /GrayImageFilter /DCTEncode
  /AutoFilterGrayImages false
  /GrayImageAutoFilterStrategy /JPEG
  /GrayACSImageDict <<
    /QFactor 0.76
    /HSamples [2 1 1 2] /VSamples [2 1 1 2]
  >>
  /GrayImageDict <<
    /QFactor 0.40
    /HSamples [1 1 1 1] /VSamples [1 1 1 1]
  >>
  /JPEG2000GrayACSImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 15
  >>
  /JPEG2000GrayImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 15
  >>
  /AntiAliasMonoImages false
  /CropMonoImages true
  /MonoImageMinResolution 1200
  /MonoImageMinResolutionPolicy /OK
  /DownsampleMonoImages false
  /MonoImageDownsampleType /Bicubic
  /MonoImageResolution 1600
  /MonoImageDepth -1
  /MonoImageDownsampleThreshold 1.00063
  /EncodeMonoImages true
  /MonoImageFilter /CCITTFaxEncode
  /MonoImageDict <<
    /K -1
  >>
  /AllowPSXObjects false
  /CheckCompliance [
    /None
  ]
  /PDFX1aCheck false
  /PDFX3Check false
  /PDFXCompliantPDFOnly false
  /PDFXNoTrimBoxError true
  /PDFXTrimBoxToMediaBoxOffset [
    0.00000
    0.00000
    0.00000
    0.00000
  ]
  /PDFXSetBleedBoxToMediaBox true
  /PDFXBleedBoxToTrimBoxOffset [
    0.00000
    0.00000
    0.00000
    0.00000
  ]
  /PDFXOutputIntentProfile (None)
  /PDFXOutputConditionIdentifier ()
  /PDFXOutputCondition ()
  /PDFXRegistryName ()
  /PDFXTrapped /False

  /CreateJDFFile false
  /Description <<
    /CHS <FEFF4f7f75288fd94e9b8bbe5b9a521b5efa7684002000410064006f006200650020005000440046002065876863900275284e8e55464e1a65876863768467e5770b548c62535370300260a853ef4ee54f7f75280020004100630072006f0062006100740020548c002000410064006f00620065002000520065006100640065007200200035002e003000204ee553ca66f49ad87248672c676562535f00521b5efa768400200050004400460020658768633002>
    /CHT <FEFF4f7f752890194e9b8a2d7f6e5efa7acb7684002000410064006f006200650020005000440046002065874ef69069752865bc666e901a554652d965874ef6768467e5770b548c52175370300260a853ef4ee54f7f75280020004100630072006f0062006100740020548c002000410064006f00620065002000520065006100640065007200200035002e003000204ee553ca66f49ad87248672c4f86958b555f5df25efa7acb76840020005000440046002065874ef63002>
    /DAN <>
    /DEU <>
    /ESP <>
    /FRA <>
    /ITA (Utilizzare queste impostazioni per creare documenti Adobe PDF adatti per visualizzare e stampare documenti aziendali in modo affidabile. I documenti PDF creati possono essere aperti con Acrobat e Adobe Reader 5.0 e versioni successive.)
    /JPN <>
    /KOR <FEFFc7740020c124c815c7440020c0acc6a9d558c5ec0020be44c988b2c8c2a40020bb38c11cb97c0020c548c815c801c73cb85c0020bcf4ace00020c778c1c4d558b2940020b3700020ac00c7a50020c801d569d55c002000410064006f0062006500200050004400460020bb38c11cb97c0020c791c131d569b2c8b2e4002e0020c774b807ac8c0020c791c131b41c00200050004400460020bb38c11cb2940020004100630072006f0062006100740020bc0f002000410064006f00620065002000520065006100640065007200200035002e00300020c774c0c1c5d0c11c0020c5f40020c2180020c788c2b5b2c8b2e4002e>
    /NLD (Gebruik deze instellingen om Adobe PDF-documenten te maken waarmee zakelijke documenten betrouwbaar kunnen worden weergegeven en afgedrukt. De gemaakte PDF-documenten kunnen worden geopend met Acrobat en Adobe Reader 5.0 en hoger.)
    /NOR <>
    /PTB <>
    /SUO <>
    /SVE <>
    /ENU (Use these settings to create PDFs that match the "Suggested"  settings for PDF Specification 4.0)
  >>
>> setdistillerparams
<<
  /HWResolution [600 600]
  /PageSize [612.000 792.000]
>> setpagedevice


